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Confluence Proof by Rule Removal
we show confluence of TRS R:

Sxyz
1−→ xz(yz) Kxy

2−→ x Ix 3−→ x SKK 4−→ I

1 CR(R) ⇐⇒ CR({2, 3}) as {2, 3} is parallel-critical-pair-closing system:

SKKx

Ix Kx(Kx)
||
4 1

x3 2

2 CR({2, 3}) ⇐⇒ CR(∅) by rule removal version of Knuth and Bendix’ criterion

3 CR(∅) is trivial

hence R is confluent
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